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Abstract. A microscopical model is proposed, describing the origin and properties of three
closely spaced zero-phonon lines observed in the green Cu band in ZnO:Cu crystals labelled
a, B and y. These excitations are known to be formed by a charge-transfer reaction with
hole bound states. These lines are shown to originate from an intermediately bound exciton of
acceptor type(Cu™ (d® + e), h). This sort of exciton, in which both carriers are captured at
intermediate-radius orbitals, results from the wurzite-type symmetry of the ZnO:Cu system. The
electronic structure obtained for these three intermediately bound excitons enables us to explain
their magneto-optic behaviour and to calculate thewalues.

Additionally, we determined the quantum efficiency of both intracentre and exciton
transitions by using time-resolved and calorimetric absorption spectroscopy. While no
(Cu™), hy—=Cu?H) (2T,) luminescence is observed in ZnS, the exciton states in ZnO are purely
radiative only to the ground state, €t (2T,). The picture of an intermediately bound exciton
explains the recombination channels and also makes clear the difference between copper states
in the ZnS and ZnO systems.

1. Introduction

Copper is a prominent luminescence activator in 11-VI compounds which gives rise to
various luminescence and absorption bands in the visible and near-infrared spectral regions
[1-8]. In ZnS, CdS and ZnO, there are two transitions wittf'Cas the ground state—
the intracentre C&" (2T,—?E) transition and the Ci—(Cu™, h) charge-transfer transition
(see figure 1). Despite certain similarities, there are some striking differences between the
spectral properties of copper in the sulphide compounds and in ZnO. Compared to the cases
of ZnS and CdS, the three &ulevels in ZnO are much deeper and have binding energies
of 1.233 eV, 1.2 eV and 3.25 eV respectively [9, 10]. At the onset of th&” Charge-
transfer band, sharp resonances (usually categs- and y-ZPL (zero-phonon lines)) are
observed and interpreted &8u™, h) states, where h stands for a hydrogen-like hole state
(see figure 2).

The three zero-phonon lines, g and y, of the green luminescence of copper in
ZnO [13-17] present a puzzle. Experimentally it is quite clear thauthes- andy-lines
appear due to transitions between the groundC(#T,) and excited Cu™, h) states of the
impurity. Three ZPLs are positioned in an energy interval of 14 meV with a hole binding
energy of about 380 meV. Therefore, it is impossible to identify these as hydrogen-like
hole states of a Coulomb potential. Magneto-optic measurements show that these ZPLs are
Kramers doublets with different and anisotrogidactors.
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Figure 1. A schematic hole picture of copper in ZnO and ZnS. ThétGeE-*T,) and the
(Cu™, h) < CU?* transitions are represented by arrows. The dashed transitions are not observed
in luminescence, and the calculated quantum yigldse also indicated.
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Figure 2. A schematic diagram of various transitions in ZnO:Cu in the hole representation, also
exhibiting transitions providing the-, 8- andy-lines.

It was shown [11, 12] recently for Ni in CdS that the approach based on deeply bound
excitons may be not adequate and has to be modified for the wurzite-type crystals in order to
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explain the experimental data. This has been done by means of the concept of intermediately

bound excitons. The aim of this paper is to show tkat 8- and y-ZPLs are connected

to excitons intermediately bound to copper impurities, {C@® + e), h]. The degree of

localization of the tenth electron in copper and the binding energy and symmetry properties

of the hole are considerably influenced by the symmetry of the crystalline environment

of the impurity (the G, group). They are responsible for a significant change in the

complex excitation spectra and other properties. The idea that-the- andy-ZPLs are

due to excitation of the intermediately bound excitons is supported also by additional new

experimental data on the isotope shifts of these ZPLs [18] and on their relaxation behaviour.
The relaxation behaviour of the excit¢@u™, h) and Cd*(°E) states is studied by

means of time-resolved spectroscopy allowing one to determine the radiative part of the

relaxation and by calorimetric absorption spectroscopy (CAS) allowing one to determine the

nonradiative part of the process. Using these data, calculations of the quantum efficiency for

each transition can be carried out. It is shown that the decay of the ex€ited (d°+e), h)

states to the G (°T,) ground state is purely radiative. The picture of intermediately bound

excitons explains this observation and makes clear the difference between‘the®uh)

states in ZnS and the intermediately bound excit@o™ (d° + e), h) states in ZnO.

2. Experimental results

2.1. The set-up

The samples used for the measurements are high-quality rods of ZnO grown in the lab-
oratories of Professor Heiland, at Aachen, and Professor Mollwo, at Erlangen. The crystals
contain copper as an unintentional dopant and the impurity concentration varies between
10 and 250 ppm. The copper concentration in the unintentionally doped ZnO crystals
is determined by absorption measurements of thé"CZPL in combination with ESR
measurements relative to a reference crystal with known copper concentration. The copper
concentration of the reference crystal was analysed by chemical methods.

For the determination of radiative and nonradiative transition rates we combine data
from the time-resolved photoluminescence experiments and CAS. CAS detects the increase
of sample temperature caused by the generation of phonons during the nonradiative
relaxation, and thus determines the quantum efficiengied the relaxation processes
[19]. Using the time-resolved luminescence spectroscopy, we determine the lifetime
of the excited states, which is limited by the radiative as well as by the nonradiative
processegr * = W, + W,,). The radiative and nonradiative relaxation rates are given by
two parametersy andn:

1_
w, =1 i
T

2.2. Results

Three ZPLs ¢, 8 and y) were detected in the excitation spectrum of the green Cu band

in ZnO [14] and their binding energies were found to be rather close to each other. The
Zeeman data for these lines have already been published by Exoslefl4] and Robbins

et al [16] and the main results are briefly summarized here. All of the ZPLs exhibit
anisotropic splitting with respect to theaxis. Theg-values of the differentCut, h) states

are presented in table 1. The anisotropies are different for the three transitions and thus the
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recent new interpretation of the and y-lines as local phonon modes of thetransition,
put forward by Mel'nichuket al [17] is revised.

Table 1. Experimental and calculategivalues fora- 8- andy-ZPLs.

. g g1
Irreducible !

Line representation Energy (eV) Experimental Calculated Experimental Calculated

o T4 2.8602 2.2 1.85 -1.9 —2.15
B Iy 2.8688 18 1.85 2.3 1.85
y 4 2.8741 —-2.0 —2.15 2.4 2.15

It is a striking fact that the luminescence intensity connected to the excitéd ates
in ZnO drastically differs from that in the sulphide compounds. In ZnS and CdS, intense
infrared Cd* (°’E-?T,) luminescence and absorption bands are easily observed, whereas the
CUw?" luminescence in ZnO is extraordinarily weak in spite of the strong absorption band.

Typical CAS spectra of Ciif in ZnO and ZnS have been published by Brasieal [20].

The results are summarized in figure 1. The quantum vyields for tHé @ansitions are

n = 29+ 4% for ZnO andy = 54 4+ 4% for ZnS. These quantum yields and the measured
decay timesz ~ 200 ns for ZnO [21] and ~ 350 ns for ZnS [22], enable us to calculate
the radiative,W,, as well as nonradiativey,,, rates for the C#f transition. It was found
thatW, is L5x 1P s7* for ZnO and ZnS, indicating the same oscillator strength. Additional
efficient multiphonon relaxations witW,, = 3.6 x 1¢° s~ for ZnO and 13 x 10° s~ for
ZnS take place.

The C#* fine-structure spectra demonstrate that ifig-°E transition has a medium
Huang—Rhys facto§. Thus, the multiphonon relaxation rate depends on the ratio between
the transition and the phonon energies. A lower quantum yiekthd a largerw,, for
Cuw?" can be understood as being results of the lower transition energy and the larger
phonon energy in ZnQ@E o), = 728 meV (ZnO) or 42.8 meV (ZnS)). Hence, the Lu
luminescence intensity should be weaker for ZnO, but still observable.

Indeed, a resonant infrared excitation via tHE—2E absorption band leads to the
detection of the Ct luminescence in ZnO. However, a short-wavelength excitation of
this luminescence using an Adon laser or an XBO lamp as the excitation source is not
successful for ZnO in contrast to ZnS. To resolve this problem, it is necessary to investigate
different excitation processes and the corresponding transition rates in ZnS and ZnO.

Now we present a picture of the different excitation behaviours for tifé @oceptor in
ZnO and ZnS. In the sulphide compounds thé Cluminescence can be efficiently excited
above 1.2 eV via the acceptor-type charge-transfer process and the subsequent recapture
of the free hole. The recombination of the accep@ut, h) state into the Ctf (°E) state
is essential for the excitation of the BW2E-2T,) luminescence. ThigCut, h) state is
observed in the PLE spectra of €uin ZnS. The proposed nonradiative decay of this
state is supported by the quantum yieldf the (Cut, hy—Cu*+(°T,) process determined
by means of CAS to be & 2%. Furthermore, ngCu*, h)—Cw**(?T,) luminescence is
observed in ZnS (see figure 1).

The CAS and the calorimetric transmission spectra (CTS) of @a", h)—Cu*t
transition in ZnO are shown in figure 3. Here, the energy difference between the
(Cu*, h) and the two C&" states is much larger than for ZnS (figure 1), resulting in
lower multiphonon recombination probabilities. Thus, the nonradiative recombination is
completely quenched and the measured 8% heat production (figure 3) is due solely to
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Figure 3. Calorimetric absorption and transmission spectra of (e, hy < Cuw?* charge-
transfer transition in ZnO at 45 mK. The calculated quantum yieisl 100+ 4%.

the phonon-assisted radiative recombination processes. In the photoluminescence spectra
only the (Cu*, h)—CW?+ (%T») transitions are observed. Thus, the quantum yield of the green
luminescence in ZnO is 108 4%. This proves that thé(Cu", h) state in crystals with

less than 250 ppm copper concentration decays purely radiatively to the ground state since
this process does not lead to an excitation of thé*GlE-*T,) luminescence. However,

it should be remarked that larger copper concentrations usually quench the luminescence
intensity. This is probably due to energy transfer between interacting copper centres or
because of additional defects which open up additional nonradiative recombination channels.
Our result is limited to the low-concentration regime, where only isolated copper centres
have to be taken into account.

3. Theory

The model to be presented here assumes thatrthg- and y-ZPLs are associated with

the Cu?(d® + hv — (Cut(d®), hy) transitions in which the Cu impurity in its ground
state is excited in such a way that it binds an acceptor-type exciton. The tenth electron
is bound to the impurity d shell in a state which is strongly swollen due to the covalent
hybridization with the Bloch states of the host semiconductor. The exciton hole is captured
by the potential created by this tenth electron. Mechanisms which may be responsible for
this capture are discussed in our previous paper [12]. It is shown there that in hexagonal
wurzite-type semiconductors the exciton electron may make a strong contribution to the
impurity pseudopotential which has the properties of a projection operator and acts only
on theTl', states. This potential may create levels in the forbidden energy gap from the
valence bands of the corresponding symmetry, since there are three valence bands with
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their top wave functions transforming according to fhgirreducible representation in
the hexagonal ZnO crystal one would expect to observe three levels in the forbidden energy
gap which may be associated with the 8- andy-ZPLs.

All of the mathematical details necessary for understanding this model are presented
in reference [12]. Here this model will be briefly outlined and some details specific to
the processes discussed in this paper will be added. The exciton electron wave function is
looked for as an eigenstate of the electron Hamiltonian

H, =T + Vg(r — Ro) + U'(r — Ro) (N

where 7' is the electron kinetic energy operatdy,(r — Rp) is the lattice crystal-field
potential acting on the transition metal impurity at the ditg and Vy(r) is the d-impurity
potential.

The electron wave function is expanded in the basis, . Yy} CONtaining the impurity
d orbitals, and the Bloch wave functions orthogonalized to these orbitals. Then the energy
of the electron level within the forbidden energy gap is determined by the equation

Eir, = e2° + M(Eir,) )
where
|Vrea(k) |?
M(Eir) =) — 3
g ; Eir, — ea(k) )

and Vr (k) = (dI's|U’|ka) is the matrix element responsible for the hybridization of the
dI's electron with Bloch state of the band a. The resulting bound electron states transform
according to the irreducible representatibp. However, accounting for the spin—orbit
interaction (see, e.g., [23]) in thesCgroup, thel's state splits into several states with the
4 ground state which will be of special interest to us in what follows.

The experimental position of this level in ZnO is about 0.2 eV below the bottom of the
conduction band. Then the leading contribution to the mass opeVatéi,) comes from
the conduction band, hybridization with which is allowed in hexagonal crystals. Therefore,
similarly to in the case of CdS:Ni discussed in references [11, 12], the electron wave function
may be represented as a bonding combination

1
v = 2 s Mines] @
1+ M)
in which the domination of the Bloch tail is ensured by the large value of
/ nd(Eiy)
M, =———"7
& dE;,

due to the proximity of the electron level to the conduction band c. These wave functions
transform according to the irreducible representafigand, as we will see below, determine
also the symmetry properties of the bound hole states.

The hole wave function is an eigenfunction of the Hamiltonian

[—(f+ZU(r—Ri)) — U+ Aﬁ—Eh]l//by(r—Ro) =0 (5)
J

1 It is worth mentioning here that thE; irreducible representation of the grougy,Cdescribes these valence
bands in pure wurzite crystals. A substitutional impurity lowers the point symmetryfa@ this irreducible
representation becomés. The irreducible representations of the point grou @ill be used throughout the
text.
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where the analysis carried out in reference [12] allows one to keep just the pseudopotential

M, N
UCC — < al“/ )Ud (6)
1+ M}
in which
U=AE ﬁr + Udﬁr + ﬁrUd
where Pr = |or){¢r| and ¢r is the Bloch tail of the impurity wave function (4),

AE = E;r, — En. It appears due to the necessity of orthogonalizing the hole wave function
to that of the tenth electron. The Coulomb interaction between the exciton electron and hole
can be neglected here, or, if necessary, accounted for as a small perturbation [12]. Other
contributions to the impurity potential are collected together in the short-range impurity
AU.

The calculation of the three holg, levels is presented in appendix A, it leads to three
equations for these levels, each of which is similar to a Slater—-Koster equation (see, e.g.,
[23]). Sufficiently large values off’ such as can be expected in wurzite-type crystals allow
one to obtain the three desired levels.

These levels ar&', Kramers doublets originating from thrdg valence bands. Calc-
ulating the corresponding wave functions in the same approximations leads to

P +i — _sinby +E +cos2y +E
be \ 75 ) T 27PPI T 27T
A 1 —SIHQI// 1 —cosgw 1
be \ T ) TN YERI TS 27PP| T
1 1 1
h .
wéﬂ)(+§) = COS-Ybp +§>+Sln—¢b,g +§> )
Pl 1 — costy 1 +sinty 1
bp\ T2 ) T YRR T S 27T
1 2
(h)
+2) = Sl +ir) — — |0+
Wby( 2) Wb,d\/;[l ) «/_| )]
where
2A
tang ~ PP
pp — Dpp

These functions are combinations of the pseudo-wave funcﬂﬁﬁ$ach of which contains
the contribution of only one of three valence bands=ap, p’ and d. The ket vectors
|Lo) show the values of the reduced angular momentum and spin. The totally quenched
momentumL = O for « and 8 is omitted.

Taking into account also the core part of the hole wave function constructed from the
Cu(d'9) states, the full hole wave function (cf., equation (32) in [12]) is

¥ = Y + Fl 0, (CU) ®)
where
FIt = (yal W)
E; + EVA
andi =«, B8, y.

These are thre€, Kramers doublets corresponding to tlae 8- andy-lines.
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4. Optical properties

4.1. Magneto-optic behaviour

This section presents a comparison between the theoretical predictions and experimental
observations for the magneto-optic behaviour of ¢heB- andy-ZPLs. A magnetic field

acts mainly on the hole, since the closed(@f) shell with its I'; symmetry is hardly
affected by the field. The spin Hamiltonian describing the linear Zeeman interaction in
each Kramers doublet is generally written as

Hz = no(yr KL + goS) - H 9

where S and L are the spin and orbital angular moments of the hole. The covalency
reduction factorK is different for each hole state and will be found explicitly as a function
of the hybridization parametdr,, equation (8).y, is the reduction factor due to the Ham
effect [24].

The orbital angular moments of the p-type hole states corresponding to the Kramers
doublets ofe and 8 type are completely quenched, = 1 — L = 0 (a spin-like hole),
due to the fact that the hole is bound by a short-range potential [25].yTé&eciton hole
has a d-type wave function with the reduced angular moniest 1 in covalent crystals.
Therefore, the effective spin Hamiltonian for each doubiet % in axial symmetry is

HZ = gHeffHZjZ + gJ_eff(ijx + Hyjy) (10)
where
S |
Glerr = 2(8s + g\ 1s ii J. z,ié
1 i (11)
R N IR I |
8leff = (8 + 8\ E5 |4 |l F5 ).

gs and g, are calculated for the parallel and the perpendicular field configurations by
projecting.S and L onto the hole total angular momentuh,

S-J
8s = gOJ i
L.J
- =ay,
L=
whereJ = L+ S. The covalency factor igg = —1 for a d-wave function and, = 1 for

a p-wave function [26].
Using equation (10) and the hole wave functions (8) one gets

F2
g, B) = [go - ?y(go - 43/,"05)} + Agr

) 12)

1 F
g1y) = [—:—g(go — dyPa) — ?y(go - 4Vrd05)i| + Agr
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and
[ 1 d 2
gui(o) =|—go— é(go —dy ) F) |+ Agr
=[50 Lieo— aytarr2 ] +
gL(B) = go—é(go— vr O Fy |+ Agy (13)
[ 1 b Fy oo
g1(y) = —5(4%0‘—80)—?(4%05—80) + Agr.

This type of hole bound with a considerably enhanced energy loses its host-state character
and, hence, its behaviour is probably a spin-like one which meangghat+2.

Here a distinction is made between the two reduction factors resulting from the
interaction of the localized phonons with the hole wave function (8). The reduction factor
¥ results from the interaction with the band states gfidrom the interaction with the
d states of the Cu impurity. It was shown by Yamaguchi and Kamimura [27] that the
reduction factory® is about 0.65 due to the ground state of ZnO:Cu. Since the Bloch tail
Y¥;p Of the hole wave function formed by the band states weakly interacts with the local
vibration modes,y? is estimated to be close to one. Using also a reasonable value for
the hole hybridization matrix eIemenﬂSf4 ~ 0.1, we calculated the-values which are
presented in table 1.

One can see that all of the absolute values obtained fogifaetors are close to 2.

This corresponds to the spin-like character of the hole bound with a relatively large binding
energy, meaning thagp = +2. One can see that the calculated and measgrealues

are rather close to each other and, what is more important, their signs coincide. A certain
numerical misfit may be caused by our limited knowledge of Ay correction. A more
detailed knowledge of the hole wave function structure is also necessary.

4.2. Recombination channels

One of the important questions concerning the recombination channels far,tife and
y-excitons is why the recombination goes only via the ground $B&ief the Ci#+ in ZnO,
whereas, in other systems, acceptor excitation may also involve the excitedEtaitehe
impurity. In order to find out which of these two states plays the more important part in
these recombination processes, we compare the corresponding rates of the radiative dipole
transitions.
The intensity of a dipole transition is given by
4627'[2\)4

I
3

1 Xir|? (14)

where the dipole matrix elements for the transitions between the bound exciton and the Cu
(d%) final states are

Xip = (Wyr ()| RIWEY). (15)
The exciton wave function is
e _ (Gn 0 G 9 D)
lp]‘ix = A( \/‘7)2’ szFz;(d )wtzl—‘4 + E\DEFS'B (d )wersve)wil—} (16)

and the Cyd®) wave functions are

Wi, = Wp,r, (d%) or Wer, (d%). (17)
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Possible differences in the wave functiongzvé,p?1 for a-, B- or y-excitons are of minor
importance for this calculation.

The ratio of the recombination intensitie, and I, for the 2T, and ?E states is
calculated according to

GA1 2 4 M /
=i =sler) G) G En) (2m) /e e
e E e e t2 i
whereR; = [(¥|Rilg,)[%. y is s for the transition to the stafd, and p for that to the
2E state;i takes the values, y andz.

The valueM;, is expected to be large due to the positioR Bf level near the conduction
band, while the’E level lying about 1 eV below the bottom of the conduction band should
result in a small value a#f} ~ 0.15. This difference reflects the corresponding difference in
the localization radii of the impurity d electron in these two states, the radius in the ground
state of the impurity being much larger than in the excited states. That is why the transition
to the ground state has a much stronger intensity (cf., the antenna effect considered by
Rashba and Gurgenishvili [28]).

Another contribution results from the fact that in the point group, @ecombination
to theE state is allowed only if-polarized light is emitted with the corresponding dipole
matrix elementR,, while recombination to théT, state is allowed for unpolarized light as
well. The ratio of the photon frequencigs, /ve)* should be also taken into account. As
a result thel-intensity is expected to be about two orders of magnitude smaller than the
I,-intensity. This difference explains why only the recombination to the ground %Tate
is observed.

5. Summary

A microscopical model accounting for three close ZP&sg andy, in ZnO is proposed.

The model addresses the origin of the excitations responsible for the appearance of these
lines and various spectroscopic and optical features observed experimentally. EXxcitons
intermediately bound to Cu impurities are the principal players. Excitons of this type can
be formed in crystals with hexagonal wurzite-type lattices [11, 12] which is typical for
ZnO. We have seen that the wave function of the rather loosely bound tenth electron in
the Cud®?) pseudo-ion is strongly swollen due to hybridization of the d states with the
states at the bottom of the conduction band. On the other hand the hole wave function was
found to be constructed by an admixture of the band states to the d states due to a nonlocal
potential and strong orthogonalization corrections.

The dominant potential responsible for hole binding is a short-range pseudopotential
with properties of a projection operator projecting onto thesubspace. That is why this
potential is capable of binding only holes from the valence band¥ afymmetry and this
explains the origin of these three Kramers doublets.

It should be pointed out that in the case of Cu in CdS (wurzite), the intermediately bound
exciton cannot be formed because of the mid-gap position of tifé/€wcharge-transfer
level [29], i.e., far away from the divergency of the functisff, .

Using the concept of intermediately bound excitons, we are also able to explain the
magneto-optic behaviour of the, 8- andy-ZPLs.

The extremely strong differences between two possible recombination channels af the
B- and y-excitation states is explained using the concept of intermediately bound excitons.
The exciton states, in various systems, are known to recombine f&Ethad?T, states of
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the C#*(d°) impurity, whereas in the case of the ZnO system the recombination is observed
to the?T, state only. This difference follows directly from the wave-function properties of
the intermediately bound excitons.

The relaxation behaviour of the excit¢@u™, h) and Cd*(°E) states is obtained by
means of time-resolved spectroscopy used to determine the radiative relaxation and by
CAS which determines the nonradiative recombination part. These data allow one to
calculate the quantum efficiency for each transition. It is shown that the decay of the
excited (Cu (d® + e), h) states is purely radiative to the &Y?T,) ground state. The
picture of intermediately bound excitons explains this observation and makes clear the
difference between the Cu(d!°, h) states in ZnS and the intermediately bound exciton
(CuP(d® + e), h) states in ZnO.
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Appendix A. Hole levels

The pseudopotential (6) has the properties of a projection operator acting only on the
functions transforming according to tHe, irreducible representation. That is why this
potential may form bound hole states only from the wave functions of threepap and
d, valence bands constructed from p and d states, respectively [30, 31], and transforming
according to thd', representation. Therefore just three hole levels corresponding to-the
B- and y-lines may appear.

The energies of these levels may be calculated using the same procedure as in [12],
which uses the fact that the short-range potential (6) contains factorizable terms. The hole
wave function is considered as an expansion:

Un=) FiiVia (A1)
ka

over the orthogonalized Bloch statés,. The summation is over the three above-mentioned
valence bands, & p, p and d. Then the quantities

Aas =Y Skar,Fi
k

(A2)
Aw =Y Viar, Fl,
k

are defined wheréyar, = (kao |dl's) and Viar, = (kao|Vg|dly). The summation ovek
and the symmetry properties of the Bloch wave functions make these quantities real. The
same simplifying approximationxar, = V Skar,, as was used in [12] is used here, where
V is a parameter characterizing the impurity potential.

Substituting equation (A1) for the hole wave function into the 8dimger equation (5)
and then multiplying it byS;, and summing ovek produces three linear equations for the
guantities (A2), namely:

Aas — Z [Bass(AE +2V) + Aga] Aas =0 (A3)
a
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where a= p, p and d; and

M 1
Bass(Ep) = —< Siar, Skars-
ass(En) 1+ M, ; Fop — Ey,karsohals

Equation (A3) also contains a contribution due to the short-range potextialvhich is
approximately represented as

S*
3 AUa(k. K)Fly ~ Bass(En) Y AaaAas (A4)
ik Lac — En a

where AU, «(k, k') are the matrix elements AU.
Although the symmetry allows for mixing between all three valence bands, it should be

rather strong between the p andhands and weak if the d band is involved. That is why
the matrix element&qp, and Agy will be neglected below:

1— (X + Add)Bass —X Bgss —X Byss
—XByss —(X + App)Bpss 1 — (X + App)Bpss

whereX is standing forAE + 2V in this expression.

Equation (A5) without short-range potential matrix elements was studied in reference
[12] and a level for the hole was found. In the general case, three hole levels may appear,
equations for which may be found, for example, in the limit of large values of these matrix
elements:

1
Bgss = — A6
55 = A (A6)
Bogs = et Bpp V(Bpp + App)® — Dy A7)
P 2Dpy 2Dyp

where Dyp = AppApp — Agﬂ. In order to avoid overcomplicated equations, we assume
here thathss = Bp’SS-
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